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Abstract

Banyan networks are commonly used as
interconnection structures in ATM switches. This paper is
concerned with the replication technique which was
applied to the standard banyan networks. In this paper,
we apply this technique to the Plane Interconnected
Parallel Network (PIPN) which is a switch introduced
previously as a better banyan based interconnection
structure. The normalized throughput of unbuffered and
buffered replicated PPN is analyzed analytically under
uniform traffic model. We apply the simulation technique
to verify the analytical results under the uniform traffic
model and to study the performance of different
heterogeneous traffic models. The performance is shown
to increase significantly when the replicated PIPN is used
which supports the idea of using this switch as a new high
performance ATM switch.
Index Terms — ATM switching, banyan networks,
replicated networks.

1. Introduction

Due to the high transmission gaacity offered by fiber
optics, many applications that require high bandwidth
have emerged [1]. The creation of a network that provides
high bandwidth services to the users is needed. The
challenge is to build large switches that can operate at the
high data transfer rates and meet the performance
requirements.

Banyan networks are commonly used in multistage
ATM switches because of their high degree of parallelism,
selfrouting, modularity, constant delay for all input -
output port pairs, irorder deliveryof cells, and suitability
for VLSI implementation [2 -8]. However, in banyan
networks, there is only one path between each input and
output port pair, and the edges of such a path are not
dedicated. This means that other communicating pairs
may share some links of a path connecting an irgutput
port pair.

The concern of this paper is to design a new high
performance ATM switch. The switch combine the
technique of replication with the plane interconnected
parallel network (PIPN). The replication techniquewas
applied on the banyan networks to enhance their
performance [2, 3]. PIPN was introduced in [4] as a better
banyan based interconnection structure. By combining the
two techniques, we take the advantage of replication
which provides multiple paths from each input to each
output, thus decreasing the effect of conflict between
cells, and the advantage of PIPN which gives better
performance under heterogeneous traffic over the standard
banyan network.

The outline of this paper is as follows: In section &g
describe the basic structure and operation of the
Replicated PIPN switch. In section 3, we discuss its
performance under uniform and heterogeneous traffic
models. We conclude the paper in section 4.

2. The replicated PIPN switch
2.1. Background

A cell switch is a box with N inputs and N outputs
which routes the cells arriving at its inputs to their
requested outputs. The general cell switch architecture is
shown in Fig. 1. Several architectural designs have
emerged to implement this switch. They mag tlassified
into three categories: the sharetemory type, the shared
medium type, and the spacalivision type. Both shared
memory and shared-medium suffer from their strict
capacity limitation, which is limited to the capacity of the
internal communication medium. Any internal link is N
times faster than the input link and it is usually
implemented as a parallel bus. This makes such
architectures more difficult to implement as N becomes
large Fig. 2 shows the shared -medium and shared-
memory architectuse
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The simplest space-division switch is the crossbar
switch, which consists of a square array of NxN
crosspoint switches, one for each input-output pair as
shown in Fig. 3. As long as there is no output conflicts, all

such conflicts (which may arise even if the two cells are
destined to distinct output ports) leads to a maximum
achievable throughput which is much lower than that
obtained with the crossbar switch. An 8x8 banyan network
is shown in Fig. 4.
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Fig. 4. A banyan network

To overcome the performance limitations of banyan

incoming cells can reach their destinations. If, on the other networks, various performance enhancing technigues have
hand, there is more than one cell destined in the same timebeen introduced [2, 3, 6, 7]. These techniques have been
slot to the same output, then only one of these cells can bewidely used in designing ATM switches-B.

routed and the other cells may be dropped or buffered.
The major drawback of the crossbar swit¢aras from the
fact that it comprises N? crosspoints, and therefore, the
size of realizable such switches is limited. For this reason,
alternative candidates for space division switching fabrics
have been introduced. These alternatives are based on a
class of multistage interconnection networks called
banyan networks [1].
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Fig. 3. Crossbar architecture

A banyan network constructed from 2x2 switching
elements (SE) consists of n = lg{ stages (N is assumed

One of the performance enhancement techniques of
banyan networks is the replication technique [2, 3]. Using
the replication technique, we have R=2"(r=1, 2,...)
parallel subnetwaks. Each of these subnetworks is a
banyan network. Two techniques are used to distribute the
incoming cells over the R subnetworks. In the first
technique, input i of the switch is connected to input i of
each subnet by a-ib-R demultiplexer. The demultiplexer
forwards the incoming cells randomly across the
subnetworks. Similarly, each output i of a subnet is
connected to the output i of the switch through a Rto-1
multiplexer. If more than one cell arrive at the
multiplexer, one of them is selected rand omly to be
forwarded to the output port and the others are discarded.
This technique is called randomly loading parallel
networks (Rn) [2, 3]. Fig. 5 shows a 4x4 randomly loaded
banyan network constructed from two 4x4 banyan
networks.

The second technique groups the outputs of the switch

to be a power of 2). Banyan networks have many desirableand assigns each group to one of R truncated subnetworks.

properties: high degre e of parallelism, self  -routing,
modularity, constant delay for all inpubutput port pairs,
in-order delivery of cells, and suitability for VLSI
implementation. Their shortcoming remains blocking and
throughput limitation. Blocking occurs every time two
cells arrive at a switching element and request the same
output link of the switching element. The existence of

The i" input of the switch is connected to the'! input of
each subnetthroughal -to-R demultiplexer. The
demultiplexer forwards incoming cells according to their
most significant bits of the destination address field. Each
truncated subnet has nr stages. The outputs of each
subnet which are destined to the same switch output are
connected via a R-to-1 multiplexer to this output. This



technique is called selectively loading parallel networks
(Sn) [2]. A 4x4 selectively loaded parallel banyan network
constructed from two 4x4 truncated banyan networks is

shown in Fig. 6.
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Fig. 5. An 4x4 randomly loaded banyan network
constructed form two 4x4 banyan networks
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Fig. 6. A 4x4 selectively loaded banyan network

constructed form two 4x4 truncated banyan networks
The performance of banyan baseditlies depends on

the applied traffic. As the applied traffic becomes

interconnection between the planes distributes the
incoming load more homogeneously over the network.

PIPN is composed of three main units, namely, the
distributor, the router, and the outputport dispatcher as
shown in Fig. 7 [4, 5]. The cells arriving at the distributor
divides the network into two groups in a random manner:
the back plane and the front plane groups. The destination
address fields of cells in one of the groups are
complemented. The grouped cells are assigned to the
router, which is a N/2 x N/2 banyan network. The cells are
routed with respect to the information kept in their
destination address fields. Due to the internal structure of
the router and the modifications in the destination address
fields of some cells, an outlet of the router may have cells
actually destined to four different output ports. The cells
arriving from the outlets of the router are assigned to the
requested output ports in the outpport dispatcher [4, 5].
The outputport dispatcher has two diffent subunits: the
decider and the collector. There is a decider unit for each
router output and a collector unit for each output port.
There are a total of N deciders and N collectors. The
decider determines to which output port an arriving cell
will be forwarded and restores its destination address
field. Each collector has four inlets and internal buffer to
accommodate the cells arriving from four possible
deciders.

2.2. The replicated PIPN switch structure

The Replicated PIPN switch applies the replic ation
technique to the PIPN to benefit from the advantage of
both techniques. Replication provides multiple paths from
each input to each output pair, thus decreasing the effect
of conflict between cells. PIPN gives better performance
under heterogeneous traffic over the standard banyan
network.

A 8x8 Randomly Loaded PIPN for R=2 is shown in
Fig. 8. It is shown from the figure that the Replicated
PIPN is composed of R PIPN's connected in parallel. No
multiplexers are needed at the output of the router asth
deciders forward the incoming cells to the collectors’
buffers. The structure of the Selectively Loaded PIPN is
similar to the structure of the Randomly Loaded PIPN but
the routers are truncated (haver+l stages instead of -n
1), and the demultiplexer forward cells to subnetworks

heterogeneous, the performance of banyan based switchesccording to their r most significant bits outputs.

degrade drastically even if some performance enhancing
techniques are employed.

In [4], the PIPN, a new banyan based interconnection
structure which exploits the desired properties of banyan
networks while improving the performance by alleviating
their drawbacks, is introduced. In PIPN, the traffic
arriving at the network is shaped and routed through two
banyan network based intercon nected planes. The

3. Performance evaluation of the replicated
PIPN switch

In this section, the throughput of the Replicated PIPN
switch is evaluated. Analytical analysis is performed
under uniform traffic model. For simulation, a Timed
Colored Petri Net [9] is used to model the original and the
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Fig. 8. Complete structure of an 8x8 randomly loaded PIPN for R=2
Replicated PIPN. A Petri Net model for an 4x4 banyan In this section, we study the performance of the

network is given in Fig. 9. It is shown from the figure that Replicated PIPN switch under uniform traffic model. In

the structure of the Petri Net model is the same as that of this model, cells are equiprobably destined to any output

the switches with each SE modeled as shown in figure. port. Thus, the load at the outlets of all SE’s in the same
stage will be the same.

3.1.Replicated PIPN performance under the The throughput of banyan networks, under uniform

uniform traffic model traffic model, was given in [2, 3, 5]. The performance of

the original PIPN with sufficiently large buffer was
studied in [4, 5]. The performance of Replicated banyan



networks, both randomly and selectively loaded, was
studied in [2, 3].
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Fig. 9. A Petri Net model for a 4x4 banyan network

In the followin g subsections, we perform buffer -
dimensioning analysis for the original PIPN and study the
performance of the unbuffered and buffered Replicated
PIPN.

3.1.1. Unbuffered PIPN. The throughput of an N x N
PIPN is achieved by an N/2 x N/2 banyan network. This
result is directly related to the number of stages since the
traffic is uniform. In an N x N banyan network, there are n
stages, however, in an N x N PIPN there arelrstages in
the router [4, 5]. The throughput of the original PIPN with
sufficiently large buffer was studied in [4, 5] and was
given by:

X pipn )
Xbanyanzl_ (1_ 2

(for networks ofthe samesize)

where the throughput of a banyan network at stage i is
givenin [2, 3, 5] by:

X \?
-7

The throughput of an N x N unbuffered PIPN under
uniform traffic can be found as follows:

Let Xrouterdenotes the probability of finding a cell at
the OUtDUt of a router outlet nguter: Xbanyan of size N/2 x N/a-
Since each output of the router can have cells destined to
four different collectors, the probability of finding a ceit
one input of a collector is X = X gouter/ 4. A collector can

(1)

forl<isn (2)

receive up to four cells at each clock cycle, then assuming

buffer size=0 for unbuffered PIPN, the throughput of an N
x N unbuffered PIPN is given by:

4
X unbufferecPIPN — 1- (1_ Xc)

X . ‘
—1- (1_ banyan o(zze N2 x lej (3)

where Xpanyan of size Nz x N2 1S the throughput of a banyan
network with nl stages.

Fig. 10 shows the simulation result for the original
PIPN under uniform traffic model for various buffer sizes.
The simulation and analytical results are consigent for
buffer size equal zero. It is shown from the figure that a
buffer size of two per each collector is sufficient to
achieve performance near infinite buffer. Thus this buffer
size is chosen for testing the performance of Replicated
PIPN switch under heterogeneous traffic types.

In the following subsections, X will denote the
probability of finding a cell at every input of the switch at
each slot time. The probability of finding a cell at each
input of a subnet at each time slot ig X X/R.
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Fig. 10. Effect of buffer size on PIPN
performance at full load

3.1.2. Unbuffered replicated PIPN switch. The
performance of an NxN unbuffered Replicated PIPN
switch with replication degree = R is studied in this
section. We study the performance of both randomly and
selectively loaded PIPN. The performance of randomly
loaded banyan networks was studied in [2] and [3] and
was given by:

Xou =1- (1= x,)" (4)
where ¥, is the throughput of a banyan network having n
stages with arrival rate equals,X

The performance of selectivel y loaded banyan
networks was studied in [2] and was given by:

— R
Xou =1~ (1=X,_,) (5)
where xnr is the throughput of a banyan network having
n-r stages with arrival rate equals Xin.

A. Unbuffered randomly loaded PIPN switch. Since the
router of each subnet of the randomly loaded PIPN switch
consists of n-1 stages, the output rate at each router's



output link x, ; can be obtained by the recurrence relation
(2) with x equals X%,. Since each output of the router can
have cells destined to four different col  lectors, the

=1-|1-

X unbufferedselectivéy loadedPIPN

probability of finding a cell at one input of a collector is
X=X 1/ 4. A collector can receive up to four cells at
each clock cycle from each subnet, then the throughput of

X 4R
banyan wit n-r-1 stagesj
4

—1_(1_ R

an N x N unbuffered randomly loaded PIPN is given by: = 1= (1= Xynputterecripn) ()
4R where X nputrered pipn IS the throughput of a N/RXN/R

X unbufferecrandomlyloaded PIRI — 1- (1_ Xc) unbuffered PIPN with load equal;X

Fig. 11.b shows the throughput of the unbuffered

O X ) - .
unbufferedrandomiyioaded PIR Selectively Loaded PIPN switch bothnalytically and by

X _ 4R simulation.
-1- (1_ banyan wih n-1 stagesid load= X, j
4 3.1.3. Buffered replicated PIPN switch. Since thereare
R no loss of cells, the throughput of the randomly loaded
=1- (1— XunbuﬁereoplPN) (6) Replicated PIPN switch under infinite buffer is exactly R
where X unoutereaPIPN is the throughput of an NxN tlmes f[he thrOL_Jghput of a NxN PIPN with infinite buffer,
unbuffered PIPN with load equal Xin. given in equation (1) .
Fig. 11.a shows the throughput of the unbuffered X Randomly baded PIPNvith infinite buffe
Randomly Loaded PIPN switch both analytically and by - R.X (8)
simulation. — T} /XNxN PIPN with infinite buffer
AT T BT TS T B Similarly, the throughput of the selectively loaded
—o—R2 Aﬂ:j E|Rf:f83f; %.FA R2 5221 E|2f:f83fg Replicated PIPN switch under infinite buffer is exactly R
—%—R4 Anl. (Buf=0 —=—R4 Sim. (Buf=0 ; o
k2 ANl EBEf: og R3 2im. EBEf: og times the throughput of a N/RxN/R PIPN with infinite

buffer, given in equation (1) .

e .
I ; ) XSelectivey loaded PPN with infinite bufer
T
£ 2o. = R X n/RxN/R PIPN wit infinite buffer )
< =04 4 \ \ : o Fig. 11 shows the throughput of the Randomly and
3 Network Size n=18gN) 7 8 Selectively Loaded PIPN switch with infinite buffer both
analytically and by simulation. It is shown from the figure
(a) Randomly loaded (Rn) that the simulation curve departs from the analytical curve
—O— S4 Anl. (Inf. Buf) —A—S4 Sim. (Inf. Buf) for the infinite buffer case especially for large network
—&— S2 Anl. (Inf. Bu —{1—S2 Sim. (Inf. Bu i infini i iustifi
2 Sim.((Buf: (g oz S (%uf: 0)0 sizes. The infinite number of cells in the buffers_ jL_Jstlﬂes
—&—S2 Anl. (Buf= 0) —+—S2 Sim. (Buf= 0) this difference as a large number of cells remain in the
- 1 buffer waiting to be transmitted. This effect increases as
N 308 the network size and replicatiaiegree increase.
i)
£
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< =04 :
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Fig. 11. Analytical and simulation results for the ZF 03 '
replicated PIPN under uniform traffic model 4 5 6 ’ 8
(full load) Network Size (n= Log N)

i.eggzﬁgfre;?giiliﬁgvneeht/(I)_fotigerirf)dlzmIi\llc\;l;(éjhe. dSFLrI]F?E Fig. 12. Performance of the replicated and original
switch consists of ir-1 stages, The throughput of an NxN PIPN under uniform traffic model (full load)

. i Also shown in Fig. 12 the throughput of R,, R4, S,
unbuffered selectively loaded PIPN is similar to (6) above . ) . .
but with nr-1 stages i>r/1$tead ofh ©) and S, Replicated PIPN switches with buffer size equal

two cells per collector compared to the original PIPN with
infinite buffer. It is shown from the figure that the
throughput of the selectively loaded PIPN is better than



that of the randomly loaded PIPN. This is expected as the
former has fewer stages than the later.

3.2. Replicated PIPN performance under Type-I
traffic model

In Type| traffic, outputports are grouped. The number
of groups is an integer power of two. The ports in the

The obtained results are summarized in Table 2. The
table shows the maximum, minimum, average throughput
values, and the standard deviation of each network type
under the given traffic set. It is shown fronhts table that
the Replicated PIPN is superior over the original PIPN.
When the replication technique is applied to PIPN, it
gives high average throughput. However, the randomly
loading technique gives the smallest throughput range

same group have an equal chance of being selected by angMax. —Min.) . This small throughput range is a good

incoming cell. However, each group may have a different
selection probability. The parameters for the traffic type

Indication for the consistency of the switching system as
the Randomly Loaded PIPN switch performance does not

are selected to create heterogeneous outlet requests. The fluctuate when the applied traffic varies.

number of parameters is selected as eight since eight is a
reasonable value for the number of outlet groups in the
range 16256 outlets [4, 5]. In Fig. 13, the normalized
throughput for m= (0.3, 12, 0.15, 0.00, 0.20, 0.06, 0.22,
0.05) Typel traffic with respect to varying incoming load
and different network sizes is shown forthe R R, , S»,
and S, Replicated PIPN switches, and the original PIPN.
The percentage throughput improvement obtained by the
Replicated PIPN is shown in Table 1.

It is shown from the figure that the difference between
the R,, and R ,curves increases as the switch size
increase. This is expected as when the switch size
increases, the number of stages increases resultimpia
contention. R provides more paths for the cells than R

The same reason applies tp&hd S.

3.3. Replicated PIPN performance under Typell
traffic model

In Type-Il traffic, the inlets and the outlets are both
divided into groups. Although the size of input groups is
fixed, the output groups have different sizes. Moreover,
the selection probability of an output port group varies
depending on the input port number that sends the cell [4,
5, 10].

As proved in [10], Typell traffic represented by moe
than[log, N1 +1 parameters on a banyan network can be
represented by using [log, N |+1 parameters only.
Therefore, there is no need to test the performance of the
Replicated PIPN under Type-Il traffic represented by
more thar log, N|+1 parameters.

The throughput of the R,, R4, S»,, and S; Replicated
PIPN and original PIPN switches of size 256x256 is
evaluated under 19 patterns of Tygetraffic represented
by four parameters with incoming load 1.0. The traffic
patterns are varied between uniform tra ffic and the
extreme heterogeneous case which is possible under the
given traffic type and parameters. The aim is to present
the behavior of both the Replicated PIPN and the original
PIPN under various traffic patterns. The throughput for all
Type-ll traffic patterns are shown in Table 3 in appendix
A.

The throughput of the selectively loaded PIPN is
expected to be betterthan that of the randomly loaded
PIPN as it has fewer stages. However, It is shown from
the given Type -Il patterns that the selectively loaded
PIPN is not always superior over the randomly loaded
(patterns 619). Under heterogeneous traffic models, the
selectively loading technique may overload some
subnetworks, increasing the number of collisions, while
leaving other subnetworks lightly loaded.

4. Conclusions

In this paper, a high performance banyan based ATM
switch is introduced. The replication techaie is applied
to the PIPN. The switch uses the replication technique to
provide multiple paths between inputs and outputs and
uses the PIPN to smooth the heterogeneous traffic models.
The existence of more paths between each inpubutput
ports pairs makes the modified switches more reliable
than the original PIPN.

The performance of two techniques for distributing
cells among the subnetworks of the Replicated PIPN is
examined analytically and by simulation. Both analytical
and simulation results are cofrent. It is shown that the
Replicated PIPN gives better performance than the
original PIPN under various traffic types. Buffer
dimensioning analysis is performed to choose a suitable
buffer size.

The analysis shows that selectively loading technique is
better than the randomly loading technique under uniform
traffic model. This is due to the fewer number of stages in
the former technigue. However, under heterogeneous
traffic models, the randomly loading technique becomes
better than the selectively loadirtechnique as the second
technique may overload some subnetworks while other
subnetworks are lightly loaded causing more contention in
the overloaded subnetworks while the randomly loading
technique distributes incoming cells equiprobably among
the subnetworks.

The resulting switch has a significant increase in
performance under homogeneous and heterogeneous



traffic models which supports the idea of using it as a new Table 2. Summary of performance results for 256x256

ATM switch.

For future work, the performance of the switch can be
tested under other arri val traffic models. The
implementation aspects of the switches, such as cost and
reliability, may be studied in more detail.
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Fig. 13. Performance under
(0.30, 0.02, 0.15, 0.00, 0.20, 0.06, 0.22, 0.05)
Type-I traffic for dif ferent network sizes

Table 1. Average percentage throughput improvement
for replicated PIPN over the original PIPN

Net. Size R, S, R4 S,
16x16 10.2 12.1 15.5 19.2
64x64 20.0 21.7 30.9 34.8

256 x 256 28.2 29.9 45.3 49.6

replicated PIPN and PIPN

Net. PIPN R, Sg R4 S4
Type
Min. 0.2571| 0.4425| 0.3154| 0.6121| 0.3914
Max. 0.3216 | 0.4943| 0.5298( 0.6452| 0.6937
Avg. 0.3040 | 0.4823| 0.4094 | 0.6365| 0.5494
Max-Min | 0.0645 | 0.0517 | 0.2143| 0.0330( 0.3023
Std. Dev. | 0.0201 | 0.0156| 0.0722 | 0.0097 | 0.0955
References

[1] M. De Prycker, Asynchronous Transfer Mode Solution for
Broadband ISDNillis Horwood Ltd., U.K., 1997.

[2] M. Kumar and J. R. Jump, "Performance of unbuffered
shuffle exchangehetworks," IEEE Trans. Comput., vol. G35,
no. 6, June 198p.

[3] C. P. Kruskal and M. Snir, "The performance of multistage
interconnectionjhetworks for multiprocessors," IEEE Trans.
Comput., vol. G32, no. 12, Ded1983}

[4] S. F. Oktug and M. U. Caglayan, "Design and performance
evaluation of panyan network based interconnection structure
for ATM switches," IEEE J. Select. Areas Commun., vol. 15,
no. 5, June 199717.

[5] S. F. Oktug and M. U. Caglayan, "Design and performance
evaluation of banyannetworkbasedjnterconnection structure
for ATM switches," Ph.D. dissertation,dgazici Univ. istanbul,
Turkey, Spring 1996.

[6] F. A. Tobagi, T. Kwok, and F. M. Chiussi, "Architecture,
performance, and implementation of tandem banyan ATM
switch," IEEE J. Select. Areas Commun., vol. 9, Oct. 1991.

[7] D. Basak, A. K. Choudhury, and E. L. Hahne, "Sharing
memory inpanyarbased ATM switches," IEEE J. Select. Areas
Commun., vol. 15, no. Fune 199T7.

[8] J. N. Giacopelli, J. J. Hickey, W. S. Marcus, W. D.
Sincoskie,jand M. Littlewood, "Sunshine: a high-performance
selfrouting broadbandtell switch architecture," IEEE J. Select.
Areas Commun., vol. 9, no. 8, O¢t991]

[9] H. H. Aly, K. M. Ahmed, and M. S. Selim, "Timed Colored
Petri Nets - TCPN -," Advances in Modeling and Simulation,
AMSE Press, Vol. 1, No. 4, 1984 pp.120}

[10] S. F. Oktug and M. U. Caglayan, "Parameter threshold in
typell traffic for banyan networks," Elect. Lett., vol. 32, Feb.
1996¢

Appendix A

Here we list the patterns of Typal traffic model used
to compare the performance of the regdied and original
PIPN [4, 5].



Table 3. Throughput of 256x256 replicated PIPN and PIPN under various Typell traffic patterns

No Typell Traffic Original PIPN R, S, R4 S,
(thr) (thr) (thr) (thr) (thr)
1| (0.12,0.13,0.25, 0.50) 0.321455 0.49436 0.52983 0.64185 0.69378
2| (0.05,0.05,0.45,0.45) 0.318803 0.49306 0.52803 0.64381 0.66568
3| (0.05,0.45,0.10, 0.40) 0.311484 0.48618 0.51738 0.63853 0.64850
4| (0.45,0.05, 0.05, 0.45) 0.310813 0.48574 0.52115 0.63896 0.64041
5| (0.00, 0.20, 0.00, 0.80) 0.319(@B6 0.49078 0.47911 0.63695 0.63532
6| (0.45,0.05,0.40,0.10) 0.317029 0.48899 0.41857 0.64071 0.61593
7| (0.40,0.30, 0.20, 0.10) 0.314419 0.49033 0.41687 0.64202 0.56963
8| (0.30,0.00,0.60,0.10) 0.3175056 0.49177 0.41542 0.64265 0.59706
9( (0.50,0.25,0.15,0.10) 0.307978 0.48532 0.41593 0.64025 0.55118
10 (0.05, 0.45, 0.45, 0.05) 0.318976 0.49070 0.38730 0.64201 0.59481
11 (0.00, 0.00, 0.00 1.00) 0.321693 0.49148 0.35410 0.63361 0.56148
12 (0.25, 0.25, 0.50, 0.00) 0.320476 0.49418 0.35364 0.64522 0.56473
13 (0.70,0.150.10, 0.05) 0.293638 0.47319 0.37188 0.63425 0.48825
14 (0.45, 0.45, 0.05, 0.05) 0.298879 0.48488 0.38102 0.64292 0.46144
15 (0.00, 0.20, 0.80, 0.00) 0.311829 0.49018 0.35228 0.64206 0.51480
16 (0.80, 0.10, 0.06, 0.04) 0.284395 0.46394 0.35225 0.62463 0.46107
17 (0.00, 0.00, 1.00 0.00) 0.291829 0.48364 0.35382 0.64009 0.39243
18 (2.00, 0.00, 0.00, 0.00) 0.257484 0.44259 0.31545 0.61262 0.39147
19 (0.00, 1.00, 0.00, 0.00) 0.257191 0.44362 0.31572 0.61217 0.39152




